1. In a former paper1 I have dealt with a monotone singular function co(t; a, ß), where a>ß>i, ß an integer, 0^t< » ; and with a monotone jump-function t = G(x; a, ß) (0^x<oo) such that u(t)=x = G~1. These functions can be generalised. Let ß be any real number greater than one, 0 £x < <x>, (ii) A(0 = k(t; a, ß) = x = g-\t) (0 ^ t < 00).
1. In a former paper1 I have dealt with a monotone singular function co(t; a, ß), where a>ß>i, ß an integer, 0^t< » ; and with a monotone jump-function t = G(x; a, ß) (0^x<oo) such that u(t)=x = G~1. These functions can be generalised. Let ß be any real number greater than one, 0 £x < <x>, (ii) A(0 = k(t; a, ß) = x = g-\t) (0 ^ t < 00).
It is not difficult to show that, in the special case when ß is an integer,
The function w(t; a, ß) was a generalisation of the Cantor ternary set function (a = 3, ß = 2).2 Thus the latter is representable in the simple form (1.4) oe(t; 3, 2) = f*Q;
Several of the results on G(x) and u(t) hold for the general case (compare (1.5), (2.1), (2.2) with previous results). Some of the proofs can be shortened owing to the concise form of g(x) : and the result (2.5) on which (2.2) is based is even sharper than the corresponding one obtained previously. ) -x'\ + Mn2"-\a -ß) (ß0 = ß < a g 2j3).
Combining this with (2.5) we complete the proof.
3. By a very elementary theorem, any continuous function f(x) (0 ^x ^ 1) is uniformly approximated by step-functions. By means of (2.2), we can find explicit step-functions of the kind required.6 Take, for instance,
x-»i where a = 2 + l/w. Then/"(x) isa step-function, and/"(x)->/(x) as «->oo, uniformly in (0, 1). We omit the proof.
Another application of (2.2) is the approximation to functions by nearly analytic functions, i.e. by functions which in a domain are continuous and, at almost all points, analytic. It can be shown that any continuous function f(x, y) (x2+y2^l) of two real variables is uniformly approximated by nearly analytic functions 77"(z) (|z| = |x+iy| ^1; « = 1, 2, • • • ). Given further <f>(z), analytic and with bounded derivative for |z| <1, approximating 77"(z)'s can be constructed such that H"(z) =<p'(z) p.p. and that, if /(x, y) satisfies a Lipschitz condition, every 77n(z) satisfies a Lipschitz condition also. Plainly these results are considerably more general than those on the approximation to analytic functions which we have proved previously.7
Birmingham, England 6 Cf. the result on approximation by functions with an infinity of jumps in loc.
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